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A B S T R A C T

Multi-Contingency Transient Stability Constrained Optimal Power Flow (MC-TSCOPF) models optimize the eco-
nomic dispatch of power systems while ensuring their stability after a series of reference incidents. This paper
proposes a MC-TSCOPF model that represents the power balance at each node of the system and at each sample
time. The proposed model includes non-linear loads, synchronous generators, a windfarm, and a Flywheel Energy
Storage system (FESS). The model is written on GAMS and solved using a standard Interior Point algorithm. This
study focuses on the Fuerteventura-Lanzarote insular grid in Spain, where stability problems and load shedding
cause high additional costs due to the low inertia of the system. A FESS has been recently installed in the system
to improve its stability, taking advantage of its high-power capacity and rapid response. The proposed TSCOPF
model has been applied to optimize the operation of the FESS to support stability in the event of a contingency.
The results of the study show that 1) a proper model of non-linear loads is essential in TSCOPF studies; 2) the
proposed MC-TSCOPF provides a tool for minimizing the generation costs while ensuring transient and frequency
stability; and 3) it is possible to further reduce the generation costs by using the proposed model to calculate an
optimal dynamic response of the FESS.

Nomenclature

Indices and Sets
i, j Index of nodes, running from 1 to
t Time periods, running from 1 to

Set of buses
Set of time periods

Control variables
Efd Field voltage [p.u.]
KWF Binary variable that is equal to 1 if wind farm is con-

nected, and 0 otherwise
PinjFW,PabsFW Injected/absorbed active power by the FESS [p.u.]
PG,Qg Generator active and reactive power [p.u.]
Pwp,Qwp Injected/absorbed power by the wind farm [p.u.]
QinjFW,QabsFW Injected/absorbed reactive power by the FESS

[p.u.]
ΔP Turbine governor output [p.u.]

State variables
Generator internal transient voltage [p.u.]

EFW Stored energy in the FESS [p.u.]
Generator output current components [p.u.]

IL Current between nodes (i,j) [p.u.]
Iph Current through IGBT converters [p.u.]
Pe Electrical power in the rotor of the generator [p.u.]
V Bus voltage magnitude [p.u.]
Vr,Vref,Rf IEEE1 excitation system inputs [p.u.]
α Bus voltage phase [rad]
Δω Generator speed deviation [rad/s]
δ Rotor angle [rad].
δCOI Rotor angle of the center of inertia [rad]
φ Bus angle between current and voltage [rad]
ωFW Flywheel angular velocity [rad/s]

Parameters

⁎ Corresponding author.
Email addresses: farredon@ing.uc3m.es (F. Arredondo); pablole@ing.uc3m.es (P. Ledesma); ecastron@ing.uc3m.es (E.D. Castronuovo)

https://doi.org/10.1016/j.ijepes.2018.06.042
Received 10 November 2017; Received in revised form 8 June 2018; Accepted 19 June 2018
Available online xxx
0142-0615/ © 2018.



UN
CO

RR
EC

TE
D
PR

OO
F

F. Arredondo et al. International Journal of Electrical Power and Energy Systems xxx (2018) xxx-xxx

a, b, c Fuel cost coefficients of thermal plants
Ap, bb, cp Active power coefficients of the ZIP load model
Aq, bq, cq Reactive power parameters of the ZIP load model
As, Bs Excitation system saturation coefficients
D Damping coefficient [p.u.]
H Inertia constant [s].
KA,KF,KE Excitation system gains [p.u.]
KTG Turbine governor gain [s]
J Flywheel inertia constant [kg·m2]
PD0,QD0 Active, reactive nominal load [p.u.]

Available wind resource p.u.]
Wind farm reactive power reference [p.u.]

ra Armature resistance [p.u.]
TA,TF,TE Excitation system time constants [s]

Generator transient time constants [s]
TTG Turbine governor time constant [s]
xd,xq Synchronous reactances [p.u.]

Transient synchronous reactances [p.u.]
Yij Magnitude of the element (i, j) of the bus admittance

matrix [p.u.]
Δt Time step [s]
ηiny,abs Performance of the synchronous machine
θij Phase of the element (i,j) of the bus admittance matrix

[rad]
Steady state FESs speed [rad/s]

ω0 Frequency reference [rad/s]

Abbreviations and Acronyms
COI Centre of Inertia
FESS Flywheel Energy Storage System
MC Multi-contingency
MR Multiple Responses
OPF Optimal Power Flow
SR Single Response
TSCOPF Transient Stability Constrained Optimal Power Flow

1. Introduction

Ensuring stability and reducing generation costs are essential is-
sues in modern power systems. Transient Stability Constrained Optimal
Power Flow (TSCOPF) models have emerged over the last decade as a
tool to combine the economic and secure operation requirements. The
TSCOPF studies include a time-domain representation of the system dy-
namics in the optimization problem to account for the effects that dy-
namic constraints have on the optimal operation.

During the last few years various approaches have been proposed to
address TSCOPF [1–4]. On the one hand, evolutionary algorithm meth-
ods that use stochastic optimization algorithms [5–7] and direct meth-
ods that rely on simplified models [8,9] have been applied to reduce the
size and complexity of the problem in large power systems. Other ap-
proaches have recently included the uncertainty of the renewable gen-
eration for transient stability assessment using probabilistic techniques
[10,11]. On the other hand, direct discretization methods, which dis-
cretize the differential equations representing the dynamics of the sys-
tem and include them in the optimization model as algebraic equations,
have been applied to smaller systems [12–15].

Direct discretization methods have the advantages of including the
dynamics of all the synchronous machines and using standard nonlin-
ear programming solvers, but they are difficult to apply to large. The

two main problems associated with the direct discretization TSCOPF
studies is the large number of restrictions and variables and the high
nonlinearity of the electromechanical oscillations between synchronous
generators. The size of the model has been reduced in previous stud-
ies by representing the grid and the loads as a linear circuit and apply-
ing the Kron reduction method [12–15]. This approach has the disad-
vantage of representing loads as constant impedances. It is also a com-
mon practice to represent synchronous generators by using the classi-
cal model instead of a standard dynamic model in the dq-axes reference
frame [12–14].

The object of this study is the insular power system of Fuerteven-
tura-Lanzarote in Spain. The small size and low inertia of the system,
which contains two conventional power plants and a wind farm, make
it prone to transient and frequency stability problems. Flywheel Energy
Storage Systems (FESS) have received growing interest in practical stud-
ies as a tool for increasing the stability, especially in small and iso-
lated power systems where stability and frequency problems are major
concerns. High power capacity, short access time, high efficiency, and
small environmental impact make flywheels suitable for this purpose
[16]. A FESS has been installed in the island of Lanzarote. This device
has proven to be a useful resource to improve the frequency stability in
small systems [17–19]. However, the calculation of its optimal response
to a contingency has not been clearly determined in the literature.

This paper proposes a novel Multi-Contingency TSCOPF
(MC-TSCOPF) model based on the direct discretization method. The aim
of the study is to minimize the generation costs while ensuring stabil-
ity. Instead of representing the grid as a linear passive circuit, the pro-
posed model represents the active and reactive power injected at each
node and at each sample time as independent variables. Therefore, this
approach allows modelling loads as standard ZIP models instead of as-
suming constant impedances. Furthermore, it enables the integration of
variable-speed wind farms and FESSs, represented as devices that inject
power according to their control systems and independent of the mag-
nitude of the voltage at the connection point. In the study, the synchro-
nous generators are represented by the transient, 4th-order generator
model, that provides an accurate representation for transient stability
studies as stated in [9,20].

The main contributions of this paper are as follows:

• A direct discretization MC-TSCOPF model that includes non-linear
loads and combines frequency and transient stability constraints.

• The integration of a FESS model into the TSCOPF problem.
• The optimization of the dynamic response of the FESS to reduce gen-

eration costs while ensuring both frequency and transient stability.

The optimization algorithm is applied to a real system in the Ca-
nary archipelago (Spain), where a FESS has been put in operation. The
method proposed here is used to optimize the generation costs while en-
suring stability in the event of any critical contingency. The results are
compared with those obtained with the conventional operation of the
FESS.

The rest of paper is organized as follows: Section 2 describes the pro-
posed TSCOPF model, including the FESS; Section 3 describes the case
study; Section 4 shows and discusses the results obtained when solving
the proposed MC-TSCOPF; and Section 5 concludes the paper.

2. Description of the model

The TSCOPF models based on direct discretization are composed of
two parts: the steady-state and the time-domain period. The steady-state
or pre-fault stage corresponds to the normal operation of the system,
and the time-domain period simulates the behaviour of the system dur-
ing and after a contingency. The time-domain period is subdivided

2
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into fault and post-fault stages. All periods are included as equality and
inequality constraints and solved in the same optimization problem.
This section gives a complete account of the steady-state and time-do-
main equations of the proposed TSCOPF model, organized according to
the parts and components that compose the power system.

2.1. Grid model

The power balance at each bus and at each sample time is repre-
sented by the following general equations:

(1)

(2)

The first two terms in (1) and (2) represent the power injected by a
synchronous generator, if connected to the bus. The terms containing
PD0 and QD0 QD0 represent loads consisting of a constant power, a con-
stant current, and a constant impedance component (ZIP model). The
terms PabsFW,PinyFW,QabsFW, and QinyFW represent the power absorbed
or injected by any FESS connected to the bus. The power injected by a
wind farm is modelled by PWF and QWF, respectively.

The power plant generation limits, current limits in lines and trans-
formers, and voltage magnitude limits at the pre-fault stage are repre-
sented by (3), (4), and (5) respectively.

(3)

(4)

(5)

Eqs. (1) and (2) are included both in the steady-state stage and in each
interval of the time-domain period. Eqs. (3)–(5) are only present in the
steady-state stage.

2.2. Power plant model

Eqs. (6)–(14) represent the well-known, 4th-order transient synchro-
nous generator model [21], whose state variables are the d-q compo-
nents of the internal voltage, the rotor speed deviation and the rotor
angular deviation. Eqs. (6)–(9) are the result of applying the trape-
zoidal rule to discretize the differential equations of the model, and Eqs.
(10)–(13) define the initial values of the state variables. Eq. (14) limits
the field voltage in the pre-fault stage.

(6)

(7)

(8)

(9)

(10)

(11)

(12)

(13)

(14)

Eq. (15) calculates the active power output of the synchronous ma-
chines and Eqs. (16) and (17) relate the internal variables of the syn-
chronous machine with the variables in the generation bus, at each time
step of the time-domain period. Eqs. (18) and (19) calculate the active
and reactive power produced by the power plants in the steady-state
stage.

(15)

(16)

(17)

(18)

(19)

Eqs. (20)–(25) represent the excitation system in each time step of
the time-domain period, modelled as an IEEE Type 1 exciter [21]. Eqs.
(20)–(22) result from the discretization of the corresponding differential
equations, and Eqs. (23)–(25) define the initial values of the state vari-
ables. Eqs. (26) and (27) represent the saturation of the amplifier in the
excitation system.

3
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(20)

(21)

(22)

(23)

(24)

(25)

(26)

(27)

Finally, the turbine governor is represented by (28) and (29) as a
first-order control loop [15].

(28)

(29)

Eqs. (10)–(14), (18), (19), (23)–(25), and (29) are included in the
pre-fault stage and initialize the dynamic algebraic equations of the
power plant. Eqs. (6)–(9), (20)–(22), and (28) are the dynamic alge-
braic equations represented in the time-domain period. Auxiliary Eqs.
(15)–(17) are included both in the steady-state stage and in each inter-
val of the time-domain period.

2.3. FESS model

Energy Storage Systems are increasingly used in power systems to in-
crease the penetration of renewable energies and improve the dynamic
stability [17]. In particular, FESS have received growing interest as a
tool to improve transient and frequency stability [17,18] because of
their high power capacity and fast response. A FESS consists of a ro-
tating mass or flywheel where energy is stored mechanically as kinetic
energy. An integrated synchronous machine converts the energy from
mechanical into electrical or vice versa, thus enabling the exchange of
power between the flywheel and the power system [22]. Back-to-back
IGBT converters act as an interface between the FESS and the grid, al-
lowing the spinning mass to rotate at a variable speed [23], Fig. 1.

Fig. 1. FESS connected to the grid.

A FESS is a device capable of exchanging active and reactive power
independently, since it is connected to the network through electronic
power converters. The main control strategies for FESS are: 1) Improve-
ment of frequency and transient stability by means of injecting or ab-
sorbing active power to/from the network; and 2) Voltage support by
means of reactive power control. As the objective of this work is the im-
provement of transient and frequency stability, the value of the reactive
power is set to zero.

The Fuerteventura-Lanzarote power system includes a FESS [24]
that is primarily used to stabilize the frequency. Given that the time
response of the FESS is small compared to the time scale of the tran-
sient stability studies, the FESS is represented in the TSCOPF model as
a source of active power. Eq. (30) represents the relation between the
stored energy in the FESS , the power injected to the grid ,
the power absorbed from the grid , and the losses ( and

). Parameters ηinj and ηabs represent the efficiency of the syn-
chronous machine as it injects energy to, or extracts energy from the
grid. Mechanical losses are defined in (31) as a combination
of axial rotating and windage losses [25]. Eq. (32) represents the losses
in the electronic converters , modelled as a function of the
magnitude of the current through the IGBT converters [26,27]. When
FESS internal losses can be neglected, parameters art, brt, and crt (31)
acon, bcon, and ccon (32) can be considered zero.

(30)

(31)

(32)

Eqs. (33) and (34) calculate the speed of the rotating mass and
the magnitude of the current through the electronic converters, respec-
tively. Eq. (35) specifies the initial amount of stored energy in the FESS,
here, 80% of its maximum capacity. The power provided by the FESS in
the steady state stage is initialized in (36). Finally, limits on the FESS
power and stored energy at each sample time are represented in (37).
Eqs. (30)–(34) are included in each time step of the time-domain period.

(33)

(34)

(35)
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(36)

(37)

2.4. Wind farm model

The variable speed wind farm is modelled as a constant power source
with a constant power factor. Fault ride-through requirements for wind
farms published in the Spanish national grid code by the Transmission
System Operator [28] are applied. Therefore, the wind farm is discon-
nected when a voltage dip at the wind farm connection point exceeds
the low voltage ride-through limits.

(38)

(39)

(40)

(41)

Eqs. (38) and (39) calculate the active and reactive power injected
to the grid at each sample time t, respectively. The parameter repre-
sent the available wind resource. Eq. (40) calculates the reactive power

that depends on the control strategy, in this case power factor con-
trol. The binary variable defines whether the plant is connected
or disconnected. During the pre-fault stage, the plant is connected and
therefore takes the value of 1, as shown in (41). During the fault and
post-fault stages, if the voltage is lower than a certain limit then the
windfarm is disconnected and is zero.

2.5. Transient and frequency stability criteria

Transient and frequency stability dynamic constraints are both im-
portant in the Fuerteventura-Lanzarote power system. The transient sta-
bility constraint is modelled as a limit on the deviation of the rotor an-
gles of the synchronous machines with respect to the centre of inertia
(COI), as defined in (42) and (43). The frequency stability criterion is
implemented as a limit on the rotor speed of the synchronous genera-
tors, as shown in (44).

(42)

(43)

(44)

2.6. Objective function of the TSCOPF

The objective function is:

(45)

The first term in (45) represents the generation cost as a quadratic
function of the power produced by the conventional power plants. The
second term in (45) is introduced to ensure that the solution of the
TSCOPF model produces a smooth dynamic response of the FESS. The
minimization of the mean squared error of the FESS speed with respect
to the reference speed has the effect of rapidly restoring the FESS speed
to the specified steady state value. This readies the FESS to act in case of
another contingency. Finally, the power absorbed by the FESS is slightly
penalized by bFW to ensure a unique solution of PabsFW and PinyFW. The
parameters aFW and bFW are purposely small, to ensure that the second
term in (45) is significantly smaller than the first term and has a negli-
gible effect on the final value of the objective function.

2.7. Multi-contingency formulation

The proposed TSCOPF as described in (1)–(45) models a single con-
tingency. However, system operators often identify a set of critical in-
cidents that may result in a loss of stability. Therefore, the model has
been extended to include a set of reference incidents. The resulting
MC-TSCOPF model is built by keeping the equations that correspond to
the pre-fault stage, and repeating equations, (1)–(2), (6)–(9), (15)–(17),
(20)–(27), (28), (38)–(39) and (42)–(44) once for every incident. Eqs.
(30)–(34) and (37), which represent the dynamic response of the FESS,
can be kept unique to model a single response of the FESS to all inci-
dents or repeated for every contingency to model a different response of
the FESS to each incident. Both alternatives are discussed in Section 4.

2.8. Software implementation

The proposed model is implemented in a software framework that
automatically builds and solves it. A Python program reads the parame-
ters of the power system from a standard PSSE file, together with in-
formation about the contingencies and the stability limits, and writes
the complete model in the GAMS language. The model is then fed into
GAMS and solved using the interior point algorithm IPOPT. This ap-
proach facilitates the application of the TSCOPF model to different cases
and solvers. The procedure is described in detail in [15].The accuracy of
the model has been verified using time-domain simulations with PSSE.

3. Study case

The Spanish islands of Lanzarote and Fuerteventura in the Canary
archipelago, are located in the Atlantic Ocean off the coast of North-
ern Africa. Fig. 2 shows the 66kV transmission system, which includes
a submerged AC cable between the islands. The topology of the system
is mostly linear, apart from a single mesh in the northern area, where
most of the load is located.
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Fig. 2. Lanzarote-Fuerteventura power system.

Generation is provided by two power plants connected to buses 1
and 2 in the North and Centre of the system, with maximum capacities
187 and 159MW, respectively, and by a 12MW wind farm in the South.
Regular winds from the Atlantic Ocean provide a relatively steady pro-
duction of wind power. The fuel cost coefficients of power plants G1 and
G2 are considered linear with values of 20 and 50€/MWh, respectively.
The operation cost of the wind generation is considered 10€/MWh. In
the present study, all parameters are considered known. When uncer-
tainties in loads, wind power generation, generation costs and equip-
ment availability are considered in the system [10,11], the proposed op-
timization problem can be applied to the most probable values of the
parameters, following Monte Carlo or other approaches.

A 1.65MW FESS is currently connected to bus 6, which is close
to generator G1 and to the main urban area in the system. Given the
plans to increase the capacity of the FESS in the near future due to the
positive effects of its actuation in several real cases, a 5MW FESS is
modelled in the study. A set of reference incidents that can result in
the loss of transient and/or frequency stability are specified based on
the experience and knowledge of the system. These reference incidents
are 1) a direct three-phase short-circuit at bus 5, cleared by a back/up
protection after 300ms; 2) a direct three-phase short-circuit at bus 8,
cleared by a back/up protection after 300ms; 3) a loss of the largest

load, which is the load connected at bus 6; and 4) a loss of the wind
farm.

4. Results and discussion

4.1. Effect of load modeling on the results of the TSCOPF

Load modelling has a substantial impact on the results of the tran-
sient stability simulations and must therefore be properly accounted for
in the TSCOPF models. ZIP load models, which calculate the load as a
quadratic function of the voltage, are a standard in power system dy-
namic simulations [29,30]. However, the common practice in TSCOPF
studies that include all dynamic equations in the optimization model has
been to represent loads as constant impedances to reduce the number
of equations [31]. The proposed TSCOPF model represents the injected
power at each bus as an independent variable at every sample time, thus
making it possible to introduce the ZIP loads in (1) and (2).

To evaluate the effects that load modelling has on the TSCOPF, the
same fault has been studied using a linear load model and a ZIP model
consisting of a 40% constant impedance, 30% constant current and 30%
constant power. The studied fault is the short circuit at bus 5, which is
the most severe of the reference incidents listed in Section 3.

The TSCOPF using the ZIP load model results in a generation cost of
6476 €, that is 190 € (3%) more expensive than the dispatch obtained
using the linear load model. Fig. 3 shows the bus voltages as provided
by both load models. The ZIP load model produces larger oscillations
and results in a more conservative dispatch. It can be concluded that the
non-linear nature of loads must be preserved in order to ensure that the
solution is transiently stable.

4.2. Optimal FESS response to support transient stability

The usual actions performed by FESSs to stabilize the frequency in
small power systems are to inject active power when the frequency
decreases and to consume active power when the frequency increases
[18,19]. The selection of a FESS strategy to support transient stability is
not as straightforward because it depends on several factors, such as the
location of the flywheel within the system, the operating point, and the
type and location of the fault. The integration of the FESS model into
the TSCOPF, as defined by Eqs. (30)–(37), makes it possible to optimize
the dynamic response of the flywheel and thereby minimize the genera-
tion costs while ensuring transient stability.

Fig. 4 shows the results provided by the TSCOPF when the tran-
sient stability constraints are applied. On the one hand, Fig.4a) shows
the rotor angles of the generators, together with the stored energy in
the FESS. On the other hand, Fig.4b) shows the power delivered to the
system by the conventional power plants, together with the power ex-
changed between the FESS and the network. The case corresponds to a
short-circuit at bus 5, cleared by a backup protection after 300ms. The
rotor angles are constrained within the COI angle ±60° by (43), but the

Fig. 3. Effect of the load model on the TSCOPF solution. a) Constant impedance load model and b) ZIP load model.
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Fig. 4. TSCOPF model with transient stability constraints: a) Rotor angle of generators and energy stored in the FESS; b) Power output of generators and FESS.

frequency constraints in (44) are not applied. It can be seen in Fig.4a)
that both generators reach the maximum angle deviation limits, approx-
imately 0.5s, after the fault. During the fault, generator G1 cannot de-
liver power to the system and accelerates, whereas generator G2 contin-
ues delivering power, as shown in Fig.4b). The FESS reacts by injecting
power to accelerate the system and reduce the angle deviation between
G1 and G2. Once the fault is cleared, the FESS consumes power to de-
celerate generator G1, to which it is electrically near, thereby reducing
its oscillation with respect to generator G2.

It can be seen in Fig.4a) that the energy stored in the FESS returns
to its initial value once there is no action required from the flywheel to
stabilize the system. This is due to the component of the objective func-
tion that is linked to the speed deviation.

It is remarkable that the FESS initially injects power as the frequency
is rising, which is contrary to the typical response of FESS controls to
support frequency stability. Conventional frequency FESS controls in
this particular case are contrary to the optimal behaviour and can have
a destabilizing effect.

4.3. Optimal FESS response to support transient and frequency stability

Frequency stability is a concerning issue in island power systems
because the relatively small inertia makes it difficult to maintain the
frequency within acceptable limits after severe losses of generation or
load. Fig. 5 shows the results obtained when the frequency constraint
(44) is included in the model and the frequency deviation is constrained
between −0.02 p.u. (49Hz) and 0.04 p.u. (52Hz). The minimum fre-
quency is set to 49Hz because it is the value at which the under-fre-
quency load shedding scheme begins. The fault is the same as in the pre-
vious case: a short-circuit at bus 5 cleared after 300ms.

Fig.5a) shows that generator G1, which is close to the fault, acceler-
ates quickly during the short-circuit because the active power that the

synchronous generator cannot inject into the system is transformed into
kinetic energy. Once the fault is cleared, generators G1 and G2 os-
cillate but retain their synchronism. The solution of the optimization
model transfers some generation from G1 to G2 to ensure that the an-
gular deviation between the generator remains within the limits. It can
be seen that the lower limit is nearly reached by G2 approximately at
time=0.5s. The energy stored in the FESS varies as the FESS injects
and consumes power, but remains always within the limits.

Fig.5b) shows the rotor speeds of the synchronous machines, to-
gether with the power exchanged between the FESS and the network.
Here it can be seen again the acceleration of G1 during the fault, and the
oscillations between G1 and G2 once the fault is cleared. The solution
of the optimization model modulates the power injected by the FESS to
maintain the speed of G1 and G2 over the limits. It can be seen that gen-
erator G2 reaches the lower limit at, approximately, time=2.2s.

Overall, the pattern of the power injected by the FESS, shown in
Fig.5b), is more complex than in the previous case, and responds to two
combined effects. On the one hand, positive and negative injections al-
ternate during the first 1.5s to damp the electromechanical oscillations
between the generators. On the other hand, a net positive amount of
energy is injected before the minimum frequency limit is reached to re-
duce the frequency drop. Once there is no action of the FESS required
to recover the system, the FESS absorbs energy to return to its initial
state due to the component linked to the deviation of the speed in the
objective function. It is remarkable that the rapid response of the con-
trols of the FESS makes it possible to combine a response with positive
and negative exchanges of active power, as shown in Fig.5b), damping
the electromechanical oscillations between synchronous generators and
leading the system to a more stable operation.

Fig. 5. TSCOPF model with transient stability and frequency constraints: a) Rotor angle of generators and energy stored in the FESS; b) Speed deviation of generator and power output of
FESS.
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4.4. Economic assessment considering one contingency

This section analyses the economic cost of ensuring that the system
remains stable and no load is shed after any of the reference incidents.
Three cases are considered: a) without the flywheel energy storage sys-
tem (NO FESS); b) with a conventional control in which the flywheel in-
jects or absorbs fixed values of power following frequency deviations, as
described in [18,19] (C-FESS); and c) optimizing the dynamic response
of the flywheel with the proposed TSCOPF (O-FESS). The results are
compared with a classical OPF without dynamic constraints.

The solution for a classical OPF results in a generation cost of 5549
€, with G1 generating 157.8MW and G2 generating 45.5MW, as shown
in the first row of Table 1. The remaining rows correspond to the critical
reference incidents defined in Section 3. Total cost includes the variable
operation costs of wind generation [32]. Both the rotor angle constraints
and the frequency constraints are included in the model. It can be seen
in Table 1 that the largest cost is reached in the case of a short-circuit
at bus 5, which is a consequence of bus 5 being in proximity to G1, the
largest and most economical plant. Application of the TSCOPF model
shows that the total generation cost increases with respect to the OPF
by 16.7% (927 €) when there is no FESS, and by 15.3% (850 €) when
the FESS is connected and a conventional control is applied. The opti-
mized control of the FESS makes it possible to further reduce the cost to
6166 €, only 13.3% (737 €) above the cost of the solution provided by
the OPF.

The results obtained when a short-circuit is applied at bus 8 are qual-
itatively similar, although the introduction of the dynamic constraints
results in lower costs because the incident is less critical. The total cost
increases with respect to the OPF by 1.3% (70 €) when there is no FESS,
by 1.1% (59 €) when the FESS is connected and a conventional control
is applied, and by 1.01% (55 €) when the control of the FESS is opti-
mized.

The dynamic constraints after the loss of load incident cause an in-
cremental increase of 2.2% for the cost when there is no FESS, but this
cost is eliminated when the FESS is connected and either a conven

Table 1
Results of TSCOPF considering one incident at a time.

FESS
control

G1
(MW)

G2
(MW)

Cost
(€)

ΔCost
(%)

OPF Do not
apply

157.8 45.5 5549 0

SC at
bus 5

NO FESS 106.4 84.6 6476 16.7

C-FESS 108.8 82.1 6399 15.3
O-FESS 112.5 78.3 6286 13.3

SC at
bus 8

NO FESS 144.6 52.1 5619 1.3

C-FESS 145.8 51.4 5608 1.1
O-FESS 146.1 51.3 5604 1.0

Loss of
load

NO FESS 169.5 43.2 5669 2.2

C & O-
FESS

157.8 45.5 5549 0

Loss of
WF

All cases 157.8 45.5 5549 0

tional or optimized control is applied. Finally, the dynamic constraints
do not increase the cost after the disconnection of the wind farm, which
can be explained by the relatively small size of the wind farm that does
not compromise the stability of the system.

The proposed TSCOPF is also evaluated in a modified IEEE 57 Bus
Test System [33] that includes wind power generation and a FESS. The
size and location of the wind farms can be found in Table 7. The FESS
is located at bus number 15, near to the main generation area. Table 2
presents the solution of the TSCOPF model when a short-circuit is ap-
plied at bus number 1. Three cases of study are evaluated: a) without
flywheel (NO FESS); b) considering the optimal response of a flywheel
of 10MW (O-FESS 10MW); and c) considering the optimal response of
a flywheel of 20MW (O-FESS 20MW).

The results in Table 2 show that the response of the FESS tends to
reduce the generation costs because it improves the stability to the sys-
tem, making it possible to shift generation to power plants that are more
economical. The effect is more pronounced as the size of the FESS in-
creases.

4.5. Economic assessment considering multiple contingencies

The optimal operation of the FESS corresponding to one contingency
can aggravate the effect of another contingency. The MC-TSCOPF model
makes it possible to calculate the most economical operation point that
ensures a stable operation and avoids load shedding after any of the
reference incidents. The MC-TSCOPF is applied to the power system of
Fuerteventura-Lanzarote. The results of the MC-TSCOPF, which includes
all critical contingencies in Table 1, are presented in Table 3. The first
row corresponds to a case that does not include the FESS. In this case,
the dynamic constraints increase the generation cost by 21.2% with re-
spect to the OPF.

The second row represents a case in which the FESS is connected but
its dynamic response is not optimized. Here, the cost is improved with
respect to the previous case. The third row corresponds to a case that ap-
plies a single common FESS response (SR) to every incident. It is noted
that the implementation of this method requires that the FESS control
system detects that an incident has occurred in the grid. The cost is fur-
ther improved with respect to the previous cases.

The final case considers multiple FESS responses (MR), which means
that there is a different response for each incident. The implementa-
tion of this strategy requires that the FESS control system be aware of
the type of incident that has occurred. The resulting generation cost is
slightly lower than in the case of the SR.

5. Conclusion

A direct discretization MC-TSCOPF model that facilitates the inclu-
sion of renewable generation, an energy storage system, and non-linear
loads is formulated. The application of the proposed MC-TSCOPF model
to the Fuerteventura-Lanzarote island system provides the opportunity
to calculate an optimal dispatch that ensures the system remains stable
and no loads are shed after any one of a set of predefined reference in-
cidents.

The integration of an FESS model in the MC-TSCOPF problem can
be used to optimize the dynamic response of the flywheel to sup-
port transient and frequency stability. Ensuring the stability in electric

Table 2
Results of TSCOPF on the dispàtch of the IEEE 57 Bus Test System.

G1 (MW) G2 (MW) G3 (MW) G4 (MW) G5 (MW) G6 (MW) G7 (MW) Cost (M.U.)

NO FESS 226.5 239.5 500 11.6 20.7 20.8 39 33,820
O-FESS 10MW 226.9 240.7 500 10.9 19.9 21 38.8 33,791
O-FESS 20MW 227 242.1 500 10.6 19 20.9 38.7 33,764
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Table 3
Results of MC-TSCOPF including all reference incidents.

G1
(MW)

G2
(MW)

Cost
(€)

ΔCost
(%)

MC-TSCOPF 101.7 91.5 6726 21.2
MC-TSCOPF+C-FESS 105.1 86 6524 17.6
MC-TSCOPF+O-FESS
SR

111.7 79.3 6317 13.8

MC-TSCOPF+O-FESS
MR

112.5 78.3 6286 13.3

power systems presents additional costs because in some cases it entails
to shift generation to power plants that are more expensive. The inclu-
sion of the FESS dynamic response in the MC-TSCOPF model allows the
generation costs to be reduced while ensuring stability after any of the
reference incidents. It is found that the optimal response of the flywheel
after a short-circuit may be contrary to the response of conventional
FESS controls.
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Table 4
Parameters of lines and transformers of the Fuerteventura-Lanzarote power system.

Branch R [p.u.] X [p.u.] B [p.u.]

1–5 0 0.02 0
2–10 0 0.02 0
4–5 0.0473 0.1515 0.0050
4–6 0.0929 0.2975 0.0098
5–6 0.0506 0.1619 0.0053
6–7 0.0895 0.2865 0.0051
7–8 0.0151 0.0323 0.0578
8–9 0.0202 0.0648 0.0021
9–10 0.1331 0.4260 0.0141
10–11 0.1687 0.5399 0.0179
3–11 0.1365 0.4370 0.0145

Table 5
Parameters of power plants and controls of the Fuerteventura-Lanzarote power system.

KA 400 −7.3 p.u. H 3s
KF 0.03 7.3 p.u. D 2
KE 1 As 0.09826 ra 0p.u.
TA 0.02s Bs 0.5527 xd,xq 1.5p.u.
TF 1s KTG 50 0.3p.u.
TE 0.8s TTG 3s 6; 1s

Table 6
FESS parameters.

30 60 J 1333.33

Table 7
Wind power generation data from the IEEE 57 modified Bus Test System.

Units
Location
(buses)

PWF
(MW)

QWF
(Mvar)

Total Generation
(MW)/(Mvar)

5 7, 21, 24,
34, 37

50 10 250/50

The values of aFW and bFW are 1e−03 and 1e−04, respectively.

Appendix

See Tables 4–7.
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